1. Introduction. This work was inspired by the work of H. Lewy (see [5] [6] [7] ). He proved the following theorem: let 5 be a sufficiently smooth real hypersurface in C( N > 2) whose Levi form at the origin does not vanish identically, then there is an open set ß in C^, lying on one side of S, with S n ß a neighborhood of the origin in S, such that any sufficiently smooth function /on Sfli!, which satisfies the tangential Cauchy-Riemann equations to S there, has a unique extension to a holomorphic function / in ß with /|sn^ = /. In this work we prove that if the hypersurface S is replaced by a real, CR submanifold MinCN whose codimension is greater than one, then there exists a CR "manifold-with-boundary" M with M n M a neighborhood of the origin in M, such that any sufficiently smooth function / on M n M, which satisfies the tangential Cauchy-Riemann equations to M there, has a unique extension to a function / which satisfies the tangential Cauchy-Riemann equations to M (see Theorem 2).
2. Preliminaries. We shall use the same notation as in [3] . Our manifolds M will be embedded CR manifolds, i. We shall also rely heavily on the following slight modification of a theorem of Baoendi and Trêves [1] (see [4] for the modified proof). Proposition 2. Let M C C^ be an embedded CR manifold of type (m, I) and class C2, 2 < í < oo. Then there exists an open neighborhood U of the origin in CN such that for any f which is a CR function on M of class C, 2 =s t < s < oo, there exists a sequence of polynomials pJ such that p' -> f in C'_1(i/ n M).
We shall also use the fact that any nongeneric CR manifold TV/' of type (m, I) contained in C^ = C' X Cm X C* can be expressed (locally) as the image by a CR map of a generic manifold M C C = C' X C*. We recall the argument from (ii) If M is real analytic then M is a real analytic; moreover, M has a "border" Ms -M in the sense that M extends real analytically to a slightly larger Ms (also foliated) such that M C Ms forms an embedded real analytic hyerpsurface in Ms.
(iii) If M is of class Cx, then M is of class C°°.
Proof. The case k = 0 is exactly Theorem 9.1 proved in [3] . Therefore we assume A: > 0. In the proof it will also be convenient to change notation from TV/, TV, £ to TV/', TV, £'. As in [3] , we can assume that we have chosen a convenient coordinate system so that p = 0, Let ^ = (In, 0n+|,..-,<pN), then «f»^ = ^> and defining M' = ^>(M) we have that TV/' is the graph of (</>"+15... ,^) over A/. By Proposition 1 we have that TV/' is a CR manifold of type (m + 1, / -1). Moreover, since M is foliated by a real a1 -1 parameter family of complex one-dimensional analytic submanifolds (discs) with their boundaries on TV/ and <f> is CR on M, we have that M' is also foliated by a real d -1 parameter family of discs. Since the boundary of M C A/, we have that the boundary of M' = boundary of §(M) C §(M) = <$>(M) = A/'. All we need prove now to complete cases (i) and (iii) is that T0(M') = T0(M) = span(r0(TV/), ¿) = span(r0(TV/'), f) which is equivalent to proving d<j>"+"(0) = 0. This follows since// -» ¡j>n+ll in C\M) and each// vanish to second order at the origin.
For the real analytic case we have, using Tomassini [8] or Lemma 2.3 of [2] , that (/>"+" is the trace of AÍ of a holomorphic function. Applying Theorem 8.2 of [3] to <p"+" yields the extension <f>"+" which is holomorphic in a neighborhood of Ms. Defining <i> = (/", <>"+,,.. .,<¡>N), M' = $(M) and M¡¡ = 4>(MS) yields the above result.
4.The extension of CR functions. We now state and prove Theorem 2. It is, in fact, a corollary of Theorem 1 but it is so interesting in its own right, that we feel it deserves the status of theorem. Theorem 2. Let M C CN be a CR manifold of class Cß, ß > 5, and let £ ¥= 0 be a Levi vector at some point p E M. Let f be a C , 2 < k < ß, function defined and satisfying the tangential Cauchy-Riemann equations to M in a neighborhood of p. Then there exists a neighborhood U of p E M such that f\unM can be extended to a CR function f of class C\ where u = min(k -1, {[(ß -2)/3], 1/2}), defined on the CR manifold M whose existence is proved in Theorem 1. This extension is unique and if f and M are both Cx or real analytic, then f is also of the same class.
Proof. We can consider M to be of type (m, I) and to be in the form (2.2). Moreover, we can consider M to be constructed as in Theorem 1. Thus the space of tangent vectors to M and M is in the complex linear space of dzx,...,dz", where n = m + I. From Proposition 2 we have that there exists (/CC" and polynomialsp¡ defined on Ü such that p¡ -»/in Ck~\M n Ü). As above, the maximum principle yields a unique function / such that pJ -»/in C(M n Ü). Moreover, given D. , 1 < Tj *S n, Df Pj ->/ in C(M n Ü) for |a|< k -1 and thus by the maximum principle {D°pj} is a Cauchy sequence in M But this means that pj -/ on Cß(M n Ü) with p as above. Since p > 1 and the polynomials are holomorphic, we have that /is CR on M n Ü.
The final remark about the smoothness clearly follows from Theorem 1 cases (ii) and (iii).
